ABSTRACT. Given a bounded sequence {u n : n = 1,2,...} of points in a closed convex subset C of a uniformly convex Banach space, c m denotes the point in C with the property that among all closed balls centered at points of C and containing {u m ,u m+lt ...} the one centered at c m is of smallest radius. It is shown that the sequence {c m : m = 1,2,...} converges (strongly) to a point ceC called the asymptotic center of {u n } with respect to C. Further, for a class of mappings ƒ of C into itself, which contains all nonexpansive mappings, f(c) = c whenever an x e C exists such that ƒ "(x) = «",« = 1,2,... .
1. Introduction. Let C be a closed convex set in a uniformly convex Banach space X. (Recall that X is called uniformly convex if the modulus of convexity 0(e) = inf{l -i||x + y\\ :||x||, \\y\\ S 1, ||x -y\\ è s} is positive in its domain of definition {s: 0 < s ^ 2}.) Given a bounded sequence {u n :n = 1,2,...} in the set C, define
It is well known, and easily proved, that a unique point c m eC exists such that where again D denotes the diameter of {u n } = {f n (x)}. On the other hand, since (c n + ƒ (c"_ i))/2 ^ c", there is a k ^ n such that r" < fix)
Thus r^r^l-^D)) and r"_ x -r n > r n -x ô(ri/3D) ^ rô(rj/3D).
This, however, is impossible as {r n } converges.
4. An immediate consequence of Theorem 2 is the following. £ for some ÇeC.
REMARK. The well-known theorem of Browder [1] and Göhde [2] , asserting that each nonexpansive mapping of a closed and bounded convex subset of a uniformly convex Banach space into itself has a fixed point, follows from the above corollary upon setting N = 1 (for all x e C).
